Introduction
For a positive integer r denote by AC r_1 (0,1) the linear space of functions <P : (0,1) -• R such that the (r -l)-th derivative <?( r-1 ) is absolutely continuous in (0,1). In our recent paper [6] we have proved that the functional equation
$(x) = h(x,$[f(x)]),
under the basic condition dh.
(and some additional regularity assumptions on given functions / and h), has exactly one AC r_1 -solution $ such that $(0) = 0. In the present paper we show that this condition is essential for the uniqueness of solution. In fact we prove that if this condition is not fulfilled, then the -AC r-1 -solution, in general, "depends on an arbitrary function" (cf. M. Kuczma [2] ).
It is well known that in such a case the functional equation
is more convenient to deal with than the above mentioned one. The relevant problems for C r -solutions of (1) were investigated by B. Choczewski [1] and J. Matkowski [3] , [4] , [5] .
Assumptions and auxiliary results
Throughout this paper we assume that:
(i) / € AC T~X {0,1), 0 < f{x) < x for (0,1); and (a) in the case T -1:
_1 is bounded a.e. in (0,1);
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Main result
In this section we prove the following
THEOREM. Let hypotheses (i)-(v) be fulfilled. Then there exist positive numbers a and b such that, for every xq G (0,1), 0 < xo < a and for every
.. ,r -1 and Proof. By B. Choczewski's Theorem (see also [2] , p. 101) there exist positive numbers a, b such that, for every xo G (0,1), 0 < xo < a and for every function € <P(/(x 0 ),x 0 ) n C r_1 (/(xo),x 0 ) fulfilling conditions (7) and (8) (6), (cf. Lemma 3). To prove that if € AC r-1 (0,xo) assume first that r > 2. For an Xo € (0, a) put x fc :=/(xjt_ i), k = 1,2,..., 
From the continuity of the function g'y(F(x), y)[F'(x)] r_1 and from hypotheses (v) and (iv) it follows that there exist 0<fl<l,0<tf<l, ¿i>0 such that
Since F' € AC r~2 < 0,xo >, € AC r_2 (0,xo), the numbers
Since the numbers /V fc r) (*)i<k,
B " = I (E ( r ~i 1 Wen*). 0)1 + \g'iy(F(x),0)\)) dx «' =0 ^ ' are finite, integrating the both sides of the above inequality in the interval (xk+i,xk), we have shows that the solution of equation (1) is in the family AC r-1 (0,£o). We omit a similar argument for the remaining case r = 1. This completes the proof.
